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2018ém\ÁÁK�JÝ�é²­,�k���K�J.¹�¢Ã�´,�

g�ÁvkX{�|Ü¯K.lî�¿Âþù,1 3, 4KÑ´±êØ�£��µ

�|Ü¯K,§�áu|ÜêØ��Æ.

e¡´·�é1 4K)��g´©Û.

K8 ê� {an}½ÂXe: a1 ´?¿��ê, an+1 ´�
n∑
i=1

ai p�,�Éu

a1, a2, · · · , an���ê.Áy:z���êÑ3ê� {an}¥Ñy.

(2018p¥êÆém\Á1 4K)

=KKKaaa>l8Iw,�/z���êÑ3ê� {an}¥Ñy0,g,��é

��ê?18B.�l^�w,��Ñ
ê��½Â: (an+1, Sn) = 1, an+1 Éu

a1, a2, · · · , an,� an+1��.ù
ÑÃ{ïá�U��ê n� n+ 1�m�éX,

Ï
Ã{é��ê��?18B,�Ué��ê�,«êþá58B (©18

B,Ó��á5¹kõ���ê).

A�	��ê��oá5Q?Ø�lA~\Ã,���äN�ê� {an}5

�	,l¥uy5Æ.

d	,5¿� aN+1 + SN = SN+1,(ÜÎ=�Ø{,�� (an+1, Sn) = 1kü

«�dL«: (an+1, Sn+1) = 1, (Sn+1, Sn) = 1.

=ïïïÄÄÄAAA~~~>� a1 = 1,K´�ê�ceZ��: 1, 2, 4, 3, 7, 5, 9, · · · ,TS

����mq�vk�oéX,�ù
�%k���Ó:,\uy
í?

=uuu÷÷÷555ÆÆÆ>ù
êÑ�¹k���Ïê,� pα/ª�ê.§éu·��

)ù����:ky²�¹k���Ïê���ê pαÑáuW ,?
y²¹k

õ��Ïê���ê�áuW (ê� {an}��|¤�8Ü),dd��é��

ê��Ïê�ê?18B.
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=ááá555©©©111888BBB>é��ê¹k�Ïê��ê τ ?18B.

� τ = 1�,��ê� pα/ª.�y² pα ∈ W ,I�y pα÷vXe 2�^

�:

(1)�3��ê N ,¦ (pα, SN) = 1;

(2) pα´÷v (1)�Éu a1, a2, · · · , aN�����ê.Ù¥Éu a1, a2, · · · , aN
´��Ñ�,ÄK pα ∈ {a1, a2, · · · , aN},�,k pα ∈ W . �ê� {an}9 pαÑ

Ø´äN�ê,J±l�¡é�Ü� (1), (2)� N .¨l�¡\Ã.

=���¡¡¡ggg���>b½ pα 6∈ W ,·���Ñ�ê� {an}�48½Â (1), (2)�

gñ.N´uy,XJ pα äkùü�5�,= (pα, SN) = 1,� pα < aN+1,K�

aN+1���5gñ ( pα��),ddBé�
�Ñgñ����.

=555���©©©)))> w,, �¦ pα < aN+1 ´éN´�, Ï�Ø�L pα ��

�ê�kk��, ê� {an} l,�åÑ¬�u pα. Ø�� pα < aN+1, K

(pα, SN) 6= 1,= p|SN . aq��, (pα, SN+1) 6= 1, p|SN+1. �

(SN+1, SN) = (SN+1 − SN , SN) = (aN+1, SN) = 1,

gñ!

¤±, τ = 1�(Ø¤á.

� τ < k (k ≥ 2)�(Ø¤á,�	 τ = k��/.� τ = 1�aq,J±l

�¡y²�A���êáuW ,¨l�¡\Ã.

=���¡¡¡ggg���> b½�3��ê x = pα1
1 p

α2
2 · · · p

αk
k 6∈ W , ·���Ñ�

ê� {an} �48½Â (1), (2) �gñ. N´uy, XJ x äkùü�5�,

= (x, SN) = 1, � x < aN+1, K� aN+1 ���5gñ (x 6∈ W �,Éu

a1, a2, · · · , aN ,� x��),ddBé�
�Ñgñ����.

=555���©©©)))>Ó�,��·��N§¦ x < aN+1,K (x, SN) 6= 1,=�3

1 ≤ i ≤ k,¦ pi|SN .aq��,é?Û n ≥ N ,�3 1 ≤ i ≤ k,¦� pi|Sn.

5¿�ùp� pikØÓ��,� n�',l
ØU`²¤k Sn (n > N)k

ú��Ïê (n > N).dd��,·�I�é���ú�� p = pi,9ü����

Sj, Sj−1,¦

p|Sj, p|Sj−1 (j − 1 ≥ N). (∗)

ù�,�|^8Bb�:��ê y = pβ11 p
β2

2 · · · p
βk−1

k−1 áuW .

=ïïïáááéééXXX>du yØ¹�Ïê pk,��·��é�ú�� p = pk,ù�
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I�3 j,¦ (y, Sj) = 1, (y, Sj−1) = 1 (j − 1 ≥ N).Ù¥ (y, Sj−1) = 1´éN´

�,Ï� y ∈ W ,�� y = aj,Kdê�½Â, (aj, Sj−1) = 1,= (y, Sj−1) = 1.�

d���y j − 1 ≥ N ,I�`zb�.

=`̀̀zzzbbb���>��y j − 1 ≥ N ,�I y = aj Éu a1, a2, · · · aN ,= j 6=

1, 2, · · ·N ,l
 j > N .�
¦ (∗)¤á,�7L x < aj,= y > x = pα1
1 p

α2
2 · · · p

αk
k .

5¿� βi �?¿�,l
 y = pβ11 p
β2

2 · · · p
βk−1

k−1 �?¿�,u´� y > x9

y = aj Éu a1, a2, · · · aN Ñ´�1�.

éuþãÀ½� y = aj,k (aj, Sj−1) = 1 (j−1 ≥ N).?
�k (aj, Sj) = 1.

¢Sþ, (aj, Sj) = (aj, Sj − aj) = (aj, Sj−1) = 1. ù`² Sj, Sj−1 ÑØ¹�Ï

ê p1p2, · · · , pk−1.� x < aj,� xÉu a1, a2, · · · , aj−1 (Ï� xØáuW ),¤±

(x, Sj−1) 6= 1 (ÄK� aj ���5gñ,Ï� x' aj �), =�3 1 ≤ i ≤ k,¦

pi|Sj−1.

du Sj−1Ø¹�Ïê p1, p2, · · · , pk−1,�U´ pk|Sj−1.

Ó���, pk|Sj.�

(Sj, Sj−1) = (Sj − Sj−1, Sj−1) = (aj, Sj−1) = 1,

gñ!

=###���>�ê� {an}��|¤�8Ü�W ,·�y²?Û��êÑáu

W .é��ê¤¹�Ïê�ê τ 8B.

� τ = 1�,b½�3 pα 6∈ W .Ï�Ø�L pα���ê�kk��,7�3

��ê N,N + 1,¦ pα < aN+1, p
α < aN+2.´� (pα, SN) 6= 1,ÄK� aN+1 �

��5gñ,¤± p|SN .

Ón, p|SN+1.� (SN+1, SN) = (SN+1 − SN , SN) = (aN+1, SN) = 1,gñ!

¤±, τ = 1�(Ø¤á.

� τ < k (k ≥ 2)�(Ø¤á,�	 τ = k��/.

b½�3��ê x = pα1
1 p

α2
2 · · · p

αk
k 6∈ W , 7�3��ê N , ¦ n > N

� an > x. u´ (Sn−1, x) 6= 1, ÄK� an ���5gñ ( x 6∈ W �,Éu

a1, a2, · · · , an−1,� x��).u´,�3 1 ≤ i ≤ k.¦

pi|Sn−1,∀n > N. (∗)

d8Bb�,�3W ¥���ê aj = pβ11 p
β2
2 · · · p

βk−1

k−1 ,¦ aj Éu a1, a2, · · · ,

aN (= j > N),� aj > x.u´ (aj, Sj−1) = 1 (j > N),ÄK� aj ���5g

ñ.?
 (aj, Sj) = (aj, Sj − aj) = (aj, Sj−1) = 1.� x < aj (j > N),d (∗),�3
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1 ≤ i ≤ k,¦ pi|Sj−1.

du (aj, Sj−1) = 1,�U´ pk|Sj−1.Ón, pk|Sj.�

(Sj, Sj−1) = (Sj − Sj−1, Sj−1) = (aj, Sj−1 = 1,

gñ!

nþ¤ã§·K�y. �
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