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K8Xe:

K ê� {an} ½ÂXe: a1 ´?¿��ê, an+1 ´�
n∑
i=1

ai p�, �Éu

a1, a2, · · · , an�����ê.Áy: z���êÑ3ê� {an}¥Ñy.

�Kk���JÝ,·�¡��“ÊJ”¯K—–��k 5�J:.
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{.

Äk,l8Iw,=¦´���äN�ê,'X 2018,\�Ãl�ä§´Äá

uW (ê� {an}��|¤�8Ü).

�K�ÕA�?Ò3u: y,�äN���êÑy3K�ê�W ¥%é

(J,
y¤k��êÑy3ê�W ¥K�
�1(±¡�:)! Ï�·�k�

�rkå�óä: êÆ8B{—–38Bb�(,�êáuW )�cJe,�^|

íÑe��ê�áuW ,ù´)K�1��J:.

Ùg,l^�w,��é n8B´Ø���,Ï�“��ê náuW ”�“�

�ê n + 1áu W ”�m¿vk4í'X,K¥�Ñ�48´ an+1 �c n�

a1, a2, · · · , an�m�éX,Ã{��^u�ä“��ê n+ 1�áuW ”.

AéX?18BºK¥¿vk�õ�8Bé��øÀJ,ù´1��J:,

ù�´�K�'��J:��.

¢Sþ,·�ØUé��ê���8B,�Ué��ê�,«á58B(©

18B,Ó�á51g¹õ���ê).
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A�	��ê��oá5QºØ����äN�ê� {an}5ïÄ,l¥u

y�“48”�'�5�.

===ïïïÄÄÄAAA~~~>>>� a1 = 1,K´�ê�ceZ��:

1, 2, 4, 3, 7, 5, 9, · · ·

TS����mq�vk�oéX,�ù
�%k���Ó:,\uy


íº—–��	ÙIO©)ª.

===uuu÷÷÷555ÆÆÆ>>>ù
êÑ�¹k���Ïê,� pα/ª�ê.

§éu·��)ù����: éu�¹k���Ïê���ê pα,�±Ú

�u��1g¥�g5y²ÙÑáuW .

dd��¤ÀJ8Bé�´: ��ê n�ØÓ�Ïê�ê—–â»�K�

��J:.

===©©©111888BBB>>>é��ê¹kØÓ�Ïê��ê τ ?18B.

� τ = 1�,��ê� pα/ª,·�y²?Û pα/ª�êÑ3ê�¥.

�y² pα ∈ W ,��� pα = aj.ùg,���y pα ÷v aj ½Â¥�“n

5”:

(1)pÉ5: aj Éu a1, a2, · · · , aj−1 ;

(2)p�5: (aj, Sj−1) = 1 ;

(3)��5: aj ´÷v (1) (2)�����ê.

�ê� {an}9 pαÑvkäN�½,J±l�¡é�Ü� (1) (2) (3)���

ê j,�Ul�¡1�y,�^�“Ø÷v”,d��“ pα /∈ W ”,�Ñgñ. —–ù

´�K�1n�J:.

===���¡¡¡ggg���>>>�� pα /∈ W,Kw, pα÷v (1),¤± pαØUÓ�÷v (2)

Ú (3) .

ùU�)N��“k^&E”Qº§��~Û-,éJ?�Úín. —–ù´

�K�1o�J:,�´�K�,��'��?.

¦+ØU��d“ pα ØUÓ�÷v (2)Ú (3) ”�Ñ�'(Ø,���±w

Ñ�
àX.'X,·�Ï� pαØ÷v (2),=

(pα, Sj−1) 6= 1,

Ï�dd��Ñ p|Sj−1 (k^&E).

y3æ��´,·�ØUk4 pα÷v (3),Ï�÷v (3)´±÷v (1) (2)�
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cJ�.¤±,·�Ï�·�À�'éé� aj,d aj ÷v (3)5“�%” pαØ÷v

(2),ù´�K�,���J�?.

�|^ aj �“��5”,��� pα < aj.Ï�ù��5, pα' aj ��,2“i

\”��“�y{”(�� pα÷v (2) )K��Ñ� aj �“��5”gñ.

==='''ééé555���>>>�ê�¥���� aj,¦ pα < aj,Kk

(pα, Sj−1) 6= 1, (�)k^&E )

ÄK� aj ���5gñ.

y3�¯K´,ù�� aj �3íº£�´�½�,|^ê��Ã�5=�.

===���¡¡¡GGGØØØ>>>Ï�Ø�L pα���ê�kk��,7½�3��ê N,¦

j ≥ N + 1�,ðk pα < aj.

� j = N + 1,��

(pα, SN) 6= 1,

ÄK� aN+1���5gñ,¤± p | SN .� j = N + 2,aq��,

(pα, SN+1) 6= 1,

= p | SN+1.�

(SN+1, SN) = (SN+1 − SN , SN) = (aN+1, SN) = 1,

� p´“ú�ê”gñ.

¤±, τ = 1�(Ø¤á.

���Ñ�´,d?�8B{, “CÄ”'“4í”�J.�¤
CÄ,�¡�4

íÒ�~^�
,A��c¡�ínaq,�,I��`z(�k����J:).

� τ < k (k ≥ 2)�(Ø¤á,�	 τ = k��/.

� τ = 1�aq,J±l�¡y²�A���êáuW,¨l�¡\Ã.

===²²²���ÿÿÿ222>>>���3��ê

x = pα1
1 p

α2
2 · · · p

αk
k /∈ W.

ùp αi´��ê,±�y x¹k k�ØÓ�Ïê.�'é^�:���ê j,÷v

x < aj,K7k

(x, Sj−1) 6= 1,

ÄK� aj ���5gñ.

===���¡¡¡GGGØØØ>>> Ó�,Ï�Ø�L x = pα1
1 p

α2
2 · · · p

αk
k ���ê�kk��,
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7½�3��ê N,¦ j ≥ N + 1�,ðk

x = pα1
1 p

α2
2 · · · p

αk
k < aj.

aq/, (x, Sj−1) 6= 1 (ÄK� aj ���5gñ).

¤±,�3 1 ≤ i ≤ k,¦

pi|Sj−1 (∀j ≥ N + 1). (∗)

===���ÉÉÉ©©©ÛÛÛ>>>5¿�ùp� pikØÓ��(Ï� x ¹k��ÏêØ��),

� j �',l
ØU`²¤k Sj(j ≥ N + 1)kú��Ïê.

dd��,é��ú���ê

p ∈ p1, p2, · · · , pk,

9ü����Ü©Ú: Sj, Sj−1,¦

p | Sj, p | Sj−1 (j ≥ N + 1).

ù�,B�� (Sj−1, Sj) = 1gñ.

XÛé�ú���ê pºù�,�T�/|^8Bb�—–ù´�K�1 5

�J:.

===���ÚÚÚ©©©ÛÛÛ>>>¤¢ τ = k − 1¤á,Ò´¤k/X

y = pβ11 p
β2
2 · · · p

βk−1

k−1 (βi > 0)

���êÑáuW ,�Ù¥��

y = pβ11 p
β2
2 · · · p

βk−1

k−1 = aj.

ùp�½� j,b½U¦c¡�(∗)ªE,¤á,ù��I j ÷v

x = pα1
1 p

α2
2 · · · p

αk
k < aj,

= j ≥ N + 1.

éù�� j,E�3 1 ≤ i ≤ k,¦ pi | Sj−1.�dê�½Â

(aj, Sj−1) = 1,

ùL² pi (1 ≤ i ≤ k − 1)ÑØU´ Sj−1��ê.

dd��,÷v“ pi | Sj−1 ”¥� piØU´ p1, p2, · · · , pk−1��,�U´�

e����Ïf pk,§B´·��é���ú��Ïf p.

===888III===���>>>ù�,f8IC�:�3 j ≥ N + 1,¦

pk | Sj, pk | Sj−1.
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éþ¡À½� j (y ∈ W í� y = aj),¿��y j ≥ N + 1,I�`z.

===`̀̀zzzbbb���>>>w,,��y j ≥ N + 1,�I y = aj Éu a1, a2, · · · , aN .

d	, (∗)¥�“ pi | Sj−1 ”´d“ x < aj ”í��,�
�3 1 ≤ i ≤ k,¦

pi | Sj−1,7L x < aj,=

pα1
1 p

α2
2 · · · p

αk
k = x < aj = pβ11 p

β2
2 · · · p

βk−1

k−1 .

¤±,8Bb�¥¤����ê yAÓ�÷v: y > x,� yÉu a1, a2, · · · , aN
(±�y j ≥ N + 1 ),ùü:UÄÓ���º—–aq?1�¡GØ=�.

===���¡¡¡GGGØØØ>>> 5¿� y�“L�ª”¥��ê βi(1 ≤ i ≤ k − 1)�?¿�,

l


y = pβ11 p
β2
2 · · · p

βk−1

k−1

�?¿�,� y = aj > x,� y = aj Éu a1, a2, · · · , aN ´�1�.

éuþã“`z”À½� y = aj,k aj > x,� j ≥ N + 1.

� xÉu a1, a2, · · · , aj−1 (Ï� xØáuW ),¤± (x, Sj−1) 6= 1 (ÄK�

aj ���5gñ),=�3 1 ≤ i ≤ k,¦ pi | Sj−1.

?�Ú, j + 1 ≥ N + 1,� aj > x,éþã�½� j,q�3�3 1 ≤ t ≤ k,

¦ pt | Sj.

dê�½Â,k

(aj, Sj−1) = 1,

?
k,

(aj, Sj) = (aj, Sj − aj) = (aj, Sj−1) = 1.

25¿�

aj = y = pβ11 p
β2
2 · · · p

βk−1

k−1

¹k�Ïê p1, p2, · · · , pk−1,¤± Sj, Sj−1ÑØ¹�Ïê p1, p2, · · · , pk−1.�

U´ i = t = k,= pk | Sj−1, pk | Sj.

�

(Sj, Sj−1) = (Sj − Sj−1, Sj−1) = (aj, Sj−1) = 1,

gñ.

===###���>>>�ê� {an}��|¤�8Ü�W ,·�y²?Û��êÑáu

W .é��ê¤¹ØÓ�Ïê�ê τ 8B.� τ = 1�,b½�3 pα /∈ W,Ï�
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Ø�L pα���ê�kk��,7�3��ê N, N + 1,¦

pα < aN+1, p
α < aN + 2.

´� (pα, SN) 6= 1,ÄK� aN+1���5gñ,¤± p | SN .Ón, p | SN+1.

�

(SN+1, SN) = (SN+1 − SN , SN) = (aN+1, SN) = 1,

gñ.

¤±, τ = 1�(Ø¤á.

� τ < k (k ≥ 2)�(Ø¤á,�	 τ = k��/.

b½�3��ê

x = pα1
1 p

α2
2 · · · p

αk
k /∈ W,

7�3��ê N,¦ n ≥ N + 1�, an > x.

d8Bb�,/X pβ11 p
β2
2 · · · p

βk−1

k−1 �êÑáuW ,ù��êkÃ¡õ,��

��ê

aj = pβ11 p
β2
2 · · · p

βk−1

k−1 ,

¦ aj Éu a1, a2, · · · , aN (= j ≥ N + 1 ),� aj > x.

� xÉu a1, a2, · · · , aj−1 (Ï� xØáuW ),¤± (x, Sj−1) 6= 1 (ÄK�

aj ���5gñ),=�3 1 ≤ i ≤ k,¦ pi | Sj−1.

?�Ú, j+1 ≥ N+1,� aj+1 > x,éþã�½� j,q�3�3 1 ≤ t ≤ k,

¦ pt | Sj.

dê�½Â, (aj, Sj−1) = 1,?


(aj, Sj) = (aj, Sj − aj) = (aj, Sj−1) = 1,

¿5¿�

aj = y = pβ11 p
β2
2 · · · p

βk−1

k−1

¹k�Ïê p1, p2, · · · , pk−1,¤± Sj, Sj−1ÑØ¹�Ïê p1, p2, · · · , pk−1.�

U´ i = t = k,= pk | Sj−1, pk | Sj.�

(Sj, Sj−1) = (Sj − Sj−1, Sj−1) = (aj, Sj−1) = 1,

gñ,� τ = k�(Ø¤á,·K¼y. �
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